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A well-known digital expansion is the so-called Zeckendorf number system, where every positive 
integer n can be written as n = &cFe + eiFi +. . . + ELFL Fk denoting the sequence of Fibonacci 
numbers given by Fk+s = Fk+i + Fk and FCJ = 1 and Fl = 2. The digits &k are 0 or 1 and 
&k&k+1 = 0. Using the same recurrence relation but the initial values Lc = 3, Li = 4, the sequence 
LI, of Lucas numbers is defined. In a recent volume of The Fibonacci Quarterly, P. Filipponi 
proposed the following conjectures (advanced problem Nr. H-457, cf. [l]): 
CONJECTURE 1. Let f(N) d enote the number of 1 ‘s in the Zeckendorf decomposition of N. For 
given positive integers k and n, there exists a minimal positive integer R(k) (depending on k) 
such that f(kF,) has a constant value for n 1 R(k). 
CONJECTURE 2. For k 2 6, let us define: 
(i) p, the subscript of the smallest odd-subscripted Lucas number such that k 5 L,, 
(ii) V, the subscript of the largest Fibonacci number such that k > F, + Fv_~. 
Then, R(k) = m&p, V) + 2. 
Filipponi’s Conjecture 1 has been proved by Bruckman [2], and in a more general version for 
digital expansions with respect to linear recurrences, in [3]. Bruckman also gave a modified 
formulation of Conjecture 2 (which was quoted in [3] as “revised Conjecture 2”). However, 
Bruckman’s proof is false. His proof does not guarantee the minimality of R(k) which was 
pointed out by Filipponi. We apologize here for referring in [3] to this erroneous proof instead 
of presenting our own proof of the original Conjecture 2. A complete proof of the original 
Conjecture 2 is given in [4]. 
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